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Introduction
Let D be the open unit disk in the complex plane. For - < α < ∞, the weighted Bergman where P α denotes the orthogonal projection that maps from ©2014 Hwang et al.;  licensee Springer. This is an Open Access article distributed under the terms of the Creative Commons Attribution License (http://creativecommons.org/licenses/by/2.0), which permits unrestricted use, distribution, and reproduction in any medium, provided the original work is properly cited. http://www.journalofinequalitiesandapplications.com/content/2014/1/335 for z, ω ∈ D. We thus have 
Then T ϕ is hyponormal if and only if E(ϕ) is nonempty.
The solution is based on a dilation theorem of Sarason [] . For the weighted Bergman space, no dilation theorem (similar to Sarason's theorem) is available. In [], the first named author characterized the hyponormality of T ϕ on A  α (D) in terms of the coefficients of the trigonometric polynomial ϕ under certain assumptions as regards the coefficients of ϕ on the weighted Bergman space when α ≥  and in [] , extended for all - < α < ∞.
In this note we consider the hyponormality of Toeplitz operators T ϕ on A  α (D) with symbol in the class of functions f + g with polynomials f and g. Since the hyponormality of operators is translation invariant we may assume that f () = g() = . The following relations can easily be proved:
The purpose of this paper is to prove Theorem A for the Toeplitz operators on A 
Main result
In this section we establish a necessary and sufficient condition for the hyponormality of the Toeplitz operator T ϕ on the weighted Bergman space under a certain additional assumption concerning the symbol ϕ. The assumption is related on the symmetry, so it is reasonable in view point of the Hardy space [] . We expect that this approach would provide some clue for the future study of the symmetry case.
Lemma  ([]) For any s, t nonnegative integers,
The following two lemmas will be used for proving the main result of this section.
This proves (i). For (ii), if m ≤ i then by Lemma  we have
If instead m > i, a similar argument gives the result. http://www.journalofinequalitiesandapplications.com/content/2014/1/335
Our main result now follows.
is hyponormal if and only if
Proof For  ≤ i < N , put
Then a straightforward calculation shows that T ϕ is hyponormal if and only if
Also we have
Substituting (.) and (.) into (.), it follows from Lemma  that
Therefore it follows from Lemma  that T ϕ is hyponormal if and only if
or equivalently
Then a direct calculation gives
.
Observe that and
. Therefore (.) and (.) show that T ϕ is hyponormal if and only if
This completes the proof.
where
Proof If we let c j =  for  ≤ j ≤ N - and the other c j 's be  into (.), then we have This completes the proof.
